9.2. Absolute Continuity.

Definition 9.13. Let p, v be two measures. We say v is absolutely continuous with respect to p (notation v < ) if whenever
— —

1(A) = 0 we have v(A) = 0. =
Ezample 9.14. Let g > 0 and define v(A) = fA gdp. (Notation: Say dv = gdgf.[)/ J

) Wil
Theorem 9.15 (Radon-Nikodym). If u, v are two positive measures such tha@is o-finite and v < i, then there exists a T/?easumble
function g such that 0 < g < oo almost ‘everywhere and dv = gdpu. - I
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Theorem 9.16. Let u,v be positive measures such that v is o-finite. There exists a unique pair of measures (Vqc, Vs) such that
Vae K , Vs L, and v =rv4 +
ac > T8
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