
9.2. Absolute Continuity.

Definition 9.13. Let µ, ν be two measures. We say ν is absolutely continuous with respect to µ (notation ν � µ) if whenever
µ(A) = 0 we have ν(A) = 0.

Example 9.14. Let g � 0 and define ν(A) =
�

A
g dµ. (Notation: Say dν = g dµ.)

Theorem 9.15 (Radon-Nikodym). If µ, ν are two positive measures such that ν is σ-finite and ν � µ, then there exists a measurable
function g such that 0 � g < ∞ almost everywhere and dν = g dµ.











Theorem 9.16. Let µ, ν be positive measures such that ν is σ-finite. There exists a unique pair of measures (νac, νs) such that
νac � µ, νs ⊥ µ, and ν = νac + νs.




