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Lemma 8.16. Let f be a bounded continuous function, fiz T > 0. By the Markov property we know E”f(WLNTj) (WT]LV) for
some function g,. Set u(j ) =limy o0 g n¢) (). Then yu+ 102u =0 and u(T, z) = f(z). -
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Lemma 8.17. Suppose u = u(t,z) satisfies Opu + 182u 0 fort <T and u(T,x) ﬁ~ then

1 2
u(t, z) /f )Gr—i(x —y)dy = /fx Y)Gr_i(y)dy,  where Gy(z) = 2me*m/%,
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Definition 8.18. We say a random variable Y isif Y =limy oo fn(Why, ..., Wy, ) where|t; < t/for all i.

Definition 8.19. If Y = f(W4,, ..., Wy,) for somé function f and 0 < t1 -+ < tp, deﬁ@— A}im m (Wf]}lvtlj ey Wﬁvw)

— 00

Remark 8.20. \E, f(Wrp) = u(t, W,), where u is the function in Lemma 8.16.

Proposition 8.21. W is a martingale.

(Ao %;éf>

e K EQM% = MW



