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Defn_ The K-ring KIN of a smth variety ✗ is the free ab. grp . gen . on

vector bnd 's on ✗ modulo short exact sequences.

I { [E] I EE Veatch } /{[e]- [a]- [g"] / o→É→E→E"→°>
E.g-klpt.FI .

✗ : KCX)→2 the sheaf Euler char.

Deft For a (smooth) lattice polytope P, define a ring ITIP) by :

I. { [Q] / Q c- Deflpl}/ ( [a]=[Q+m] > + { Ker of [Q]l→1Q)
(often called McMullen 's polytope algebra)

the ICP)⇒ Klxzp) via LQ] -1> [Q⇒(Do)] .

¥4 ✗ (Octal) = #Alam)

pt) [Morelli]-1A



Thin [Cameron-Fink][Bernardi-Kalman - Posen;kov] Let I :Q[til]→☒Guy] (E) (f)↳ xiyi .
7- (✗ ( [PCMI -1 tilt up)) =cxty-y-iyrxk-tr-mlx-f-1-gx-Ef-1-J-h-MCF.int
- Speyer

'12) consider Fla, r, n ; E)

Erk ¥"

Grlr: E) pn ✗ pn

For he GrcriE) realizing M
,
have thin)*Ir*( Q.IN/--TmG4y )

c-YEY.fi?+,---klPnxlPYR-lDinu-E.-Seynnaeve'
21) This for flag matroids.

Thm_ There are isomorphisms (via Zuo, ↳
Ko xp )

H'
•

(Xz) = A-
•

(Xz)=Z[xplpeIlb]_
( Tlxp / IEECI) does not form a cone>
PEI

+ { ¥☐,ftp.m>Xp / MEM>
Rein Can consider above as piecewise polymom . ring modulo the ideal gen . by global polynom
Rey Definition of A-• (E) as a quotient of Z[xp's] make sense for any (possibly incomplete fan.

A-
•

(XE) satisfies Poincare duality with f×ÉA" (XE) →I , Xo↳ 1 Vre -2cm{AKLX-zlgen.by {xrl or c- Eckl} .
He

Defn/Prop_ A Minkowski weight of dim .
K
,
denoted A C- MWKCE ) ,

is a fete A : ICK)→ I st for any IEICK-1 ) ,

t.gg A-G)Urk C- spank) .

Thm-MW.LI) has the ring ster. given by stable intersection Anse A!
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